
 
 

  

ksmqK;dj (Ok ksÅ,hla i|yd .Ks;uh m%;sM,h  idOkh lsÍfï l%uhla f,i .Ks; wNHqykh 

     uQ,O¾uh fhdod .kshs' 

ksmqK;d uÜgu(.Ks; wNHqyk uQ,O¾uh Ndú;d lrhs'^fY%aKshl tl;=j  idOkh& 

Ok ksÅ, i|yd we;s m%;sM,j, i;H;dj ;yjqre  lsÍug fuu  uQ,O¾uh  fhdod .ks'fuh mshjr 03 
ls' 

P(n) hkq .Ks;uh m%ldYkhla hehs is;uq' 

 m<uq wjia:dj i|yd m%ldYkh i;H nj idOkh lrkak'^n=1 i|yd& 
 𝑛 = 𝑝 i|yd m%;sM,h i;H nj Wml,amkh lrkak'fuys 𝑝𝜖ℤ +  fõ' 
 𝑛 = 𝑝 + 1 i|yd m%;sM,h i;H nj idOkh lrkak' 

by; m%;sM, tlg .;al< ish¨ 𝑛𝜖ℤ+ i|yd m%;sM,h i;H nj .Ks;uh f,i wNHqykh l< yelsh' 

Wod(.Ks; wNHqyk uQ,O¾uh fhdodf.k ´keu 𝑛 Ok ksÅ,hla i|yd 1 + 2 + ⋯ + 𝑛 = 𝑛(𝑛 + 1)/2 
nj  idOkh lrkak' 

 𝑛 = 1  úg  
j'me = 1 

o'me = 
1(1+1)

2
= 1 =j'me 

∴ 𝑛 = 1  g m%;sM,h  i;H fõ' 
 

 𝑛 = 𝑝  g m%;sM,h i;H hehs Wml,amkh lruq'𝑝 ∈ ℤ+ 
1 + 2 + ⋯ + 𝑝 = 𝑝(𝑝 + 1)/2 hehs Wml,amkh lruq' 
 

 Wml,ams; m%ldYkfha fomigu (𝑝 + 1) jk moh tl;= lruq' 

1 + 2 + ⋯ + 𝑝 + 𝑝 + 1 =
𝑝(𝑝+1)

2
+ (𝑝 + 1)   

                           = (𝑝 + 1) ⌊
𝑝

2
+ 1⌋ 

=
(𝑝+1)

2
(𝑝 + 2)           

=
(𝑝+1) 

2
(𝑝 + 1̅̅ ̅̅ ̅̅ ̅ + 1)           

           ∴ 𝑛 = 𝑝 + 1    g m%;sM,h  i;H fõ' 
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        ∴ 𝑛 = 𝑝  g m%;sM,h i;H kï 𝑛 = 𝑝 + 1 i|yd o m%;sM,h i;H fõ' 𝑛 = 1 i|yd o m%;sM,h 
i;H nj by; fmkajd we;' tu ksid .Ks; wNHqyk uQ,O¾uh uÕska ish¨ 𝑛 ∈ ℤ+ i|yd m%;sM,h 
i;H fõ 

 

1..Ks; wNHqyk uQ,O¾uh Ndú;fhka ish¨ 𝑛𝜖ℤ+ i|yd 1 + 3 + 5 + 7 + ⋯ + (2𝑛 − 1) = 𝑛2   
nj  idOkh lrkak' 
 

  µ mshjr 

𝑛 = 1 i|yd m%;sM,h i;H nj idOkh lrkak 
 
µµ mshjr 
 
𝑛 = 𝑝 i|yd m%;sM,h i;H nj Wml,amkh lrkak 
 
µµµ mshjr 
𝑛 = 𝑝 i|yd i;H nj Wml,amkh l< m%ldYkfha fomigu 𝑝 + 1 jk moh tl;= lrkak 
 
µ¶ mshjr 
ol=Kq mi m%ldYkh iq¿ lr (𝑝 + 1) jk mohg ,efnk m%ldYkh ilikak 
 
¶ mshjr 
i;H  nj .Ks;uh f,i wNHqykh lrkak' 

by; 1 .eg¨jg ms<s;=re iemhQ l%shdj,shu fhdodf.k my; m%ldYk i;H nj fmkajkak 

1 ish¨ 𝑛 ∈ ℤ+ i|yd ∑ 𝑟(3𝑟 − 1) = 𝑛2𝑛
𝑟=1 (𝑛 + 1) 

2 
1

1.2
+

1

2.3
+

1

3.4
+ ⋯ +

1

𝑛(𝑛+1)
=

𝑛

𝑛+1
 

3 ∑ 𝑟(𝑟 + 4) =
𝑛

6
𝑛
𝑟=1 (𝑛 + 1)(2𝑛 + 13) 

4 ∑ (4𝑟 + 1) = 𝑛𝑛
𝑟=1 (2𝑛 + 3) 

5 ∑ 𝑟(𝑟 + 1) =
𝑛

3
𝑛
𝑟=1 (𝑛 + 1)(𝑛 + 2) 

6 ∑ 𝑟3 =𝑛
𝑟=1

1

4
𝑛2(𝑛 + 1)2 

7 ∑ (2𝑟 + 1) = 𝑛𝑛
𝑟=1 (𝑛 + 2) 

8 ∑
 𝑟

2𝑟 = 2 −
(𝑛+2)

2𝑛
𝑛
𝑟=1   

9 
1

1.2.3
+

1

2.3.4
+

1

3.4.5
+ ⋯ +

1

𝑛(𝑛+1)(𝑛+2)
=

𝑛(𝑛+3)

4(𝑛+1)(𝑛+2)



 
 

 

 

 

 

 

 

 

 


